Let D be an infinite division algebra of finite dimension over its centre.
Let D be an infinite division algebra of degree m over its centre Z(D) = F .
Denote by D¢ the commutator subgroup of the multiplicative group D = D − {0}.
The aim of this note is to investigate the structure of finitely generated subnormal subgroups of GL n (D) with n £ 1. Assume that n £ 2 and N is a normal subgroup of GL n (D). It is shown in [1] that if N is finitely generated, then N is central. A similar result for finitely generated normal subgroups is obtained for the case n = 1 in [2] . Here we shall generalize some of the main results appeared in [1] and [2] to subnormal subgroups of GL n (D) with n £ 1. To be more precise, assume that N is a subnormal subgroup of GL n (D) with n £ 1. It is proved that if N is finitely generated, then N is central. Using this, it is also shown that GL n (D)/Z(GL n (D)) contains no non-trivial finitely generated subnormal subgroups. Furthermore, given an infinite subnormal subgroup N of GL n (D), it is proved that N contains no finitely generated maximal subgroups. Therefore, GL n (D) contains no finitely generated maximal subgroups. The reader may consult [5] , [6] , [7] , and the references thereof for more recent results on multiplicative subgroups of GL n (D). For convenience we shall deal with the case n = 1 separately. Our key result is the following Proof. We first claim that if D contains a non-central finitely generated subgroup N , which is subnormal, then F is finitely generated over its prime subfield. and the claim is established. To proceed the proof, let N be a non-central finitely generated subgroup which is subnormal in D .
Since F is finitely generated over the prime subfield P , by Noether Normalization 
first and last alphabets are a or a −1 , respectively. In fact, for i = 1 we have −1 , and since the first and the last alphabets of
, by a result of Goncalves (cf. [3] ), N contains a noncyclic free subgroup G, say. Take a, b to be the generators of G, and denote their matrix representations in GL k (L) by A and B, respectively. Since N is finitely generated, by the argument used above, we conclude that there is a set § = {m 1 /n 1 , . . . , m t /n t }¨Q such that each element of N has a matrix represen-
where Z is the ring of integers. As observed above, since N is subnormal in D , for each element
in x of degree k, and for each 1
, where for each Since the first and the last alphabets of w r (a, b) are a or a −1 , respectively, this
gives us a non-trivial relation between a and b which is a contradiction to the fact that G is free. Thus there exists an entry of c r (A, B, xI), say (i, j)-th which de-
Multiplying f (x) and g(x) by suitable scalars, we may assume that f (x), g(x)
= 0, we may assume that 
= 0, we may assume that b¢ 0 ) = 0. Now, change the variable x to b¢ 0 x to obtain
Assume that S = {p 1 , . . . , p l } is the set of all irreducible polynomials occurring in the factorizations of n 1 , . . . , n t+1 into irreducible polynomials. For each natural number r, put
for a large enough number r, the degree of the denominator of f 1 (x r )/g 1 (x r ) with respect to y is greater than that of the nominator. On the other hand, for each r It is believed that the condition on D being of finite dimension over its centre is superfluous in all the above results.
